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It is evident from (1) that
Also it is clear from (3) that (7) Ara(p, q) = A,r(q,p).
In (5) take 5=1, so that
Making use of (6) and (8) we find that
We next take s = 2 in (5) and combine with (9) to get
It is now not difficult to state the general result, namely
where the summation is over all ji, j2, • • • , j, such that
[December The proof of (11) is by induction on s and will be omitted. As a partial verification of (11) we note that since the number of solutions of (12) 2. Turning next to the second product in (3) we put oo oo
It follows from (13) that We shall show that
where the summation is over all chains with last element (r, s, t).
In the first place it is clear from (25) that (28) (1 -p\p'iP3)ArH = Ar-Ut,t + Ar,,-i,t + Ar,,,t-i and (29) .4rs0 = Ar,(Pi, pi), AT-t = Art(pi, p3), A0at = A,t(pi, p3), where ^4rs(£i, p2) is defined by (4). Moreover A"t is uniquely determined by means of (28) and (29). Now if Ar,t is defined by (27) it follows from (11) and (27) that (28) is satisfied. To show that (28) is also satisfied we remark that if C is a chain with last element (r, s, t), then deleting this element we are left with a chain whose last element is (r -1, s, t), (r,s-l,t) or (r, s, t -1) and conversely. In view of (26), (28) Added in proof. Professor B. M. Bennett has kindly informed the writer that he has obtained a formula equivalent to (11) above in his paper : On a rank-order test for the equality of probabilities in multinomial trials. Also it is evident from his paper that the coefficients Ar$(p, q) are of some statistical interest.
